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ol . . i TONG HOP L\lDlV 111U © B
% VA CACH GIAI CAC DANG BAI TAP TOAN 9

PHAN I: PAI SO

A. KIEN THUC CAN NHO.
1. Piéu Kién dé cin thirc cé nghia.
JA4 ¢6 nghia khi A >0
2. Cac c6ng thirc bién ddi ciin thic.

a. A4 =|4 b. JAB=VANB (420;B20)
\f V4 (4>0;B>0) d. NA4B=|4JB (B>0)

A\/_:\/AB (42 0;B>0) e. ANB=—JAB (4<0;B>0)

c.
A4 1 _ 4 AVB

f \/;_mm (AB>0;B #0) & =g (B > 0)
C _CH4zB) R

h. TR (4>0;4# B?)
Cc  Cc(WA3VB)

(A20;B>0;4#B)

Ja+dB  4-B

3.Himséy=ax+b (a=0)

- Tinh chit:

+ Ham s6 dong bién trén R khi a > 0.

+ Ham s6 nghich bién trén R khi a < 0.

- Do thi:

D6 thi 1a mot duong thang di qua diém A(0;b); B(-b/a;0).

4. Ham sb y= ax’ (az0)

- Tinh chit:

+ Néu a > 0 ham sd nghich bién khi x < 0 va dong bién khi x > 0.
+ Néu a < 0 ham s6 dong bién khi x < 0 va nghich bién khi x > 0.
- Do thi:

Do thi 1a mot duong cong Parabol di qua gdc toa do 0(0;0).
+ Néu a > 0 thi d6 thi nam phia trén tryc hoanh.

+ Néu a < 0 thi d6 thi nam phia duéi truc hoanh.

5. Vi tri twong ddi clia hai dwong thing

Xét duong thing y=ax +b (d) vay=a'x + b' (d')

(d) va (d") cit nhau < a = a'

(d)/(d)y=a=a"vab=b

(d)= (d')<:>a—a vab=">b'

6. Vi tri twong ddi ciia dwong thang va dlr(rng cong.

Xét duong thang y=ax+b(d)vay= ax’ (P)

(d) va (P) cit nhau tai hai diém

(d) tiép xuc véi (P) tai mot diém

(d) va (P) khong c6 diém chung
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7. Phwong trinh bac hai.

% Xét phuong trinh bac hai ax* + bx + ¢ =0 (a # 0)
Cong thirc nghiém Cong thirc nghiém thu gon
A=b"-4ac A'=b" - ac v6ib=2b'
Néu A > 0 : Phuong trinh ¢6 hai nghiém |- Néu A' > 0 : Phuong trinh c6 hai nghiém
phan biét: phan biét:
—b+JA . —b-AA —b +A SYSENUN
X = X, = X =———— Xy
2a 2a a a
Néu A = 0 : Phuong trinh c6 nghiém kép : | - Néu A' = 0 : Phuong trinh c6 nghiém kép:
_, b —b
xl - x2 - Z xl = x2 = p
Néu A <0 : Phuong trinh v6 nghiém _Néu A' <0 : Phuong trinh v nghiém

8. H¢ thirc Viet va rng dung.
- H¢ thire Viet:
Néu x,, x, 1 nghiém cua phuong trinh béc hai ax” + bx + ¢ = 0 (a0) thi:

—b
S=x+x,=—
a
P=x.x, =£
a
- Mt so ung dung:
+ Tim hai sO u va v biet u + v=S; u.v = P ta gidi phuong trinh:
X*-Sx+P=0

(Diéu kién S* - 4P > 0)
+ Nham nghiém cua phuong trinh bac hai ax* + bx + ¢ = 0 (a=0)
Néu a+ b+ ¢ = 0 thi phwong trinh ¢ hai nghiém:
xp=1:x= -
a
Néu a - b+ ¢ = 0 thi phwong trinh c6 hai nghiém:
x;=-1;x= _—
a
9. Giai bai toan bang cich 1ap phwong trinh, h¢ phwong trinh
Buwoe 1: Lap phuong trinh hodac hé phuong trinh
Buwoc 2: Giai phuong trinh hoac hé phuong trinh
Buée 3: Kiém tra cac nghiém cua phuong trinh hodc h¢ phuong trinh nghiém
nao thich hop véi bai toan va két luan

Trang 2
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B. CAC DANG BAI & s

Dang 1: Rat gon biéu thirc
Bai toan: Rit gon biéu thirc A

@ Pé rat gon. biéu thirc A ta thyc hién cac budc sau:

- Quy dong miu thire (néu c6)

- Pua b6t thira s6 ra  ngoai can thice (néu c6)

- Truc cin thitc & mau (néu cd)

- Thuc hién cac phep tlnl}. luy thtra, khai can, nhan chia....
- Cong tru cac sO hang dong dang.

Dang 2: Bai toan tinh toan
Bai todn I: Tinh gia tri cia bi€u thic A. .
& Tinh A ma khong c6 diéu kién kém theo dong nghia véi bai toan Rut gon

biéu thirc A

Bai todn 2: Tinh gia tri ciia biéu thirc A(x) biét x =a

@ Cach giai:
- Rut gon bicu thirc A(x).

- Thay x = a vao bi€u thure rlt gon.

Dang 3: Chirng minh ding thirc
Bai todn: Chig minh ding thirc A =B
@ Mot s6 phuong phap chimg minh:
- Phuwong phap 1: Dua vao dinh nghia.

A=B< A-B=0

- Phwong phdp 2: Bién dbi truc tiép.

A=A =A=..=B

- Phuong phap 3: Phuong phép so sanh.
A=A=A, =..
B=B; =B, =...

=C }—» A=B
e

- Phuwong phap 4: Phuong phap tuong duong.
A=B<A'=B' < A"=B"< ... < (%)

(*ydingdo do A=B

- Phwong phdp 5: Phuong phap sir dung gia thiét.
- Phurong phap 6: Phuong phap quy nap.
- Phuong phap 7: Phuong phap dung biéu thirc phu.

Dang 4: Chitng minh bat dang thirc
Bai toan: Chiung minh bat dang thic A > B
& Mot so bdt dang thirc quan trong:

- Bat dang thirc Cosi:

a+a,ta,+...+a re
L= ~>1la,.a,.a,..a, (Voi a.a,.a,.a,>0)

n

Dau “=" xdy ra khi va chi khi: ¢, =a,=a,=...=a

n

- Bat ding thirc BunhiaCopxKki:

V61 moi sO a;; ay; as;...;

an; by; by; bs;...bn

(ab, + a,b, + aby +...+ab,) <(a} +a2 +a +...+a’)(b} +b> +b? +..+b?)

DAu “=" x4y ra khi va chi khi: 2 =
b, b, b, b

R

n

Trang 3
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& Mot so phwong phap chirng minh:

- Phuong phap 1: Dua vao dinh nghia
A>B< A-B>0

- Phuwong phdp 2: Bién dbi truc tiép
A=A =A,=..=B+M’>BnéuM =0
- Phwong phap 3: Phuong phap tuong duong
A>BoA'>B S A">B"< ... < (%)
(*) ding do d6 A>B
- Phwong phdp 4: Phuong phap dung tinh chit bac cau
A>CvaC>B—>A>B
- Phuong phap 5: Phuong phap phan ching
Dé ching minh A > B ta gia sit B> A va dung cac phép bién dbi twong dwong
dé dan dén diéu v6 1i khi d6 ta két luan A > B.
- Phurong phdp 6: Phuong phap sir dung gia thiét.
- Phuong phap 7: Phuong phap quy nap.
- Phuwong phdp 8: Phuong phap dung biéu thirc phu.
Dang 5: Bai toan lién quan t¢i phwong trinh bic hai
Bai todn 1: Giai phwong trinh bac hai ax’ + bx + ¢ = 0 (a=0)
& Cac phwong phap giai:
- Phwong phdp I: Phan tich dwa vé phuong trinh tich.
- Phwong phdp 2: Dung kién thirc vé cin bac hai
x> =a—>x=+a
- Phuong phap 3: Dung cong thirc nghiém
Ta c6 A=b’ - 4ac
+ Néu A > 0 : Phuong trinh ¢6 hai nghiém phén biét:

—b++A . NN
X =— Xy =—————
2a 2a
+ Néu A =0 : Phuong trinh c6 nghiém kép
-b
X=X, = 24

+ Néu A < 0 : Phuong trinh v6 nghiém

- Phuong phap 4: Dung cong thirc nghiém thu gon
Tacé A'=b"” - ac véi b= 2b'

+Néu A' > 0 : Phuong trinh c6 hai nghiém phén biét:

:ﬂ. :ﬂ
a b

X X,
a
+Néu A' =0 : Phuong trinh c6 nghiém kép
- b
X, =Xx, =
a

+NéuA' <0: Phuong trinh v6 nghiém
- Phuwong phap 5: Nham nghi€ém nho dinh 1i Vi-et.
Néu xy, x, 1a nghiém cua phuong trinh bac hai ax> +bx+¢c=0 (a=0) thi:

xl+x2:—
a

_c
XX, =—

Chii ¥: Néu a, ¢ trdi ddu tire 1a a.c < 0 thi phwong trinh luén cé hai nghiém phdn biét.
Trang 4
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Bai todan 2: Bién luin theo m su c6 nghiy.u cue Prisvag v e s
ax” +bx + ¢ =0 ( trong dé a, b, ¢ phu thuéc tham soé m ).

@ Xét hé sb a: Co thé co 2 kha ning :

a. Truong hgp a =0 vai vai gia tri nao do ciia m.

Giasta=0< m=mgtaco:
(*) tré thanh phuong trinh bac nhat ax + ¢ = 0 (**)
+Néu b # 0 véi m=my: (**) c6 mot nghiém x = -c/b
+Néub=0vac=0véi m=my (*¥) vd dinh < (*) vo dinh
+Néub=0vac#0vsi m=my (**) vo nghiém < (*) v nghiém
b. Trudong hop a # 0: Tinh A hoac A'
+ Tinh A = b* - 4ac
Néu A > 0 : Phuong trinh ¢6 hai nghiém phan biét:
—b++A . NN
X = X, = —————
2a 2a

Néu A = 0 : Phuong trinh ¢6 nghiém kép : x, =x, = =0
Néu A < 0 : Phuong trinh vo nghiém
+ Tinh A'=b” - ac v6i b = 2b'
Néu A' > 0 : Phuong trinh c6 hai nghiém phan biét:
B b +VA ~ —b-JA
a b

X X

a
- b
a

Néu A' =0 : Phuong trinh ¢6 nghiém kép: x, = x, =

Néu A' <0 : Phuong trinh v6 nghiém
- Ghi tém tat phan bién luan trén.

Bii todn 3: Tim diéu kién ciia tham s6 m dé phwong trinh bic hai
ax” +bx + ¢ =0 ( trong dé a, b, ¢ phu thuéc tham sé m ) ¢6 nghiém.
@ C6 hai kha nang dé phuong trinh bac hai ax® + bx + ¢ = 0 ¢ nghiém:
1.Hoaca=0,b=0
2.Hoaca#0,A>0hoac A'>0
Tap hop céc gia tri m 1 toan bd cac gia tri m thoa méan diéu kién 1 hodc diéu kién 2.

Bai todn 4: Tim diéu Kkién cia tham sé6 m C!é phuong trinh bac hai
ax’ +bx+c=0 (a b, ¢ phu thuéc tham s6 m ) ¢6 2 nghiém phén biét.

A a1 . . |a#0 _ |la#0
& Picu kién c6 hai nghiém phan biét hodc+ |,

A>0 A>0

Bai todn 5: Tim diéu Kkién ciia tham sé m dé phwong trinh béc hai
ax’ +bx +c=0 (trong dé a, b, ¢ phu thudc tham sé m ) ¢6 1 nghiém.
& Picu kién c6 mdt nghiém:

Trang 5
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Bai todn 6: Tim di€u kién cua tham s0 L. ue puuvag v vas mas

ax’ +bx +c=0 (trong dé a, b, c phu thuéc tham sé m ) c6 nghiém kép.
o a o , a#z0  _ |a#0
& Picu kién c6 nghiém kép: hoac < |
A A=0
Bai todn 7: Tim diéu Kién ciia tham sé m dé phuwong trinh béc hai
ax> +bx+c=0 (trong do a, b, ¢ phu thugc tham so m ) vo nghiém.

o en . o a#z0  _ |a#0

& Picu kién c6 mot nghiém: hoac -
A A <0
Bai todn 8: Tim diéu Kién ciia tham sé m dé phuwong trinh béc hai
ax> +bx+c=0 (trong do a, b, ¢ phu thugc tham so m ) ¢6 1 nghiém.
= A=0

Bai todn 9 : Tim diéu kién ciia tham so m dé phwong trinh bac hai
ax’ +bx + c¢=0 (a, b, ¢ phu thuéc tham sé m ) ¢6 hai nghiém cung déu.

A . n a=0_ _ [a#0  _ |a=0
& Picu kién c6 mdt nghiém: b0 hoac hoac < |
#*

A>0 A>0

& Picu kién co6 hai nghiém cung dau: C hoac c
P=—>0 P=—>0

a a

Bai todn 10 : Tim diéu kién ciia tham s('), m dé phwong trinh béc hai
ax” +bx + ¢ =0 (a, b, ¢ phu thudc tham sé m) ¢6 2 nghiém dwong.

A>0 A0
@ Diéu kién co hai nghiém duong: P=5>0 hoac {P= €50
a a
S:—2>0 S:—é>0
a a

Bai todn 11 : Tim diéu Kkién ciia tham s6 m dé phwong trinh béc hai
ax” + bx + ¢ = 0 ( trong dé a, b, ¢ phu thuéc tham sé m ) ¢6 2 nghiém am.
& Dicu kién c6 hai nghiém am:

A>0 A>0
P=S>0 hoac P=S50
a a
S=—2<0 S=—2<0
a a

Bii todn 12 : Tim diéu Kkién ciia tham sé6 m dé phwong trinh béc hai
ax’ +bx +c=0( a b, ¢ phu thujc tham s6 m) ¢6 2 nghiém trai diu.
@ Diéu kién c6 hai nghiém trai dau:
P < 0 hodc a va c trai dau.
Bai todn 13 : Tim diéu Kkién ciia tham sé6 m dé phwong trinh béc hai
ax’ +bx + ¢ =0 (*) (a, b, ¢ phu thuéc tham s6 m) c6 mdt nghiém x = x;.
& (Cach giai:
- Thay x = x, vao phuong trinh (*) ta c6: ax,” + bx; + ¢=0—>m
- Thay gia tri cia m vao (*) = x4, X,

- _ P b
- Hodc tinh x, = S - x; hoac x, = — %'
X

Trang 6
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Bai todn 14 : Tim di€u Kién ctia tham so i ue puuvug wann vas ma

ax’ +bx + c=0 (a, b, ¢ phu thuéc tham sé m) ¢6 2 nghiém x;, X, thoa méin
cac diéu kién:

a. ox, +px, =y b. x}+x; =k
C.i+i:n d. x}+x;>h e x +x, =t
XX
@ Piéu kién chung: A > 0 hodc A' > 0 (*)
Theo dinh li Viet ta co:
X +x,= =5

XX, =§= P (2

a. Truong hop: ax, + fx, =y

e +x, =—
Giaihé ' TP 4 — X, X

ox, + fx, =y
Thay x;, X, vao (2) > m
Chon céc gia tri cia m thoa man (*)
b. Truong hop: x7 +x; =k <>(x, +x,)° —2x,x, =k
Thay x; + x, =S = =b vax;.x, =P =< vao ta co:
a a
S*-2P =k — Tim dugc gi4 tri ciia m thoa méan (*)

\ I 1
c. Truong hgp: —+—=n < x, +x, =nx,.x, <> —b=nc
XX

Giai phuong trinh - b = nc tim dugc m thod man (*)

d. Truong hop: x' +x2 > h <> S*-2P-h>0

Giai bat phuong trinh S - 2P - h > 0 chon m thoa mén (*)

e. Truong hop: x) +x, =t <> S° 3PS =t

Giai phuong trinh S° —-3PS =¢ chon m thoa man (*)

Bai todn 15: Tim hai s6 u va v biét tong u + v =S va tich u.v = P ciia ching

& Ta c6 u va v 1a nghiém cua phuong trinh:
X -Sx+P=0 (%)
(Diéu kién S? - 4P > 0)
Giai phuong trinh (*) ta tim duoc hai s6 u va v can tim.

.

Trang 7
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Noi dung 6.

Giai phwong trinh b?lng phuwong phap dat an s6 phu _
Bai toanl: Giai phwong trinh trung phwong ax’ +bx*+c=0
@ Pit t = x° (t20) ta ¢6 phuong trinh at®* + bt + ¢ =0
Giai phuong trinh bac hai an t sau d6 thay vao tim an x

Bing tom tit

at’ +bt+c=0 ax' +bx’+c=0
vO nghiém v0 nghiém
2 nghiém dm v0 nghiém
nghiém kép am v0 nghiém
1 nghiém duong 2 nghiém dbi nhau
= 4 nghiém
2 nghigm duong 2 c¢ip nghiém d6i nhau

Bai todn 2: Giai phwong trinh A4(x* + iz) +B(x + i) +C=0
X X

5 1
& Pitx +—=tox>-tx+1=0
X

Suyra t'=(x +i)2=x2+i2+2 <:>x2+i2:t2—2
X X X
Thay vao phuong trinh ta c6:
A(t-2)+Bt+C=0 < AP +Bt+C-2A=0

[ \ A ’ A \ 1 soe N
Giai phuong trinh an t sau do thé vao x +— =1t gidi tim x.
X

Bai todn 3: Giii phwong trinh A(x* + iz) +B(x - L) +C=0
X X

T Ditx —=texP-tx-1=0
X

Suyrat2=(x _L)2: x2+L2—2 <:>x2+L2=t2+2
X X X
Thay vao phuong trinh ta c6:
A +2)+Bt+C=0 < AC+Bt+C+2A=0

[ \ A ’ A \ 1 coe N
Giai phuong trinh an t sau do thé vao x ——=1t giai tim x.
X

Bai todan 4: Giai phwong trinh béc cao

@ Dung cac phép bién d6i dwa phuong trinh béac cao vé dang:
+ Phuong trinh tich
+ Phuong trinh bac hai.

Trang 8
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Noi dung 7:

Giai hé phwong trinh %
+by =
Bai todn: Giai hé phwong trinh {ax y=e

a'x+b'y=c

& Cdc phwong phap gidi:

+ Phuong phap do thi

+ Phuong phap cong

+ Phuong phép thé

+ Phuong phap dit 4n phu

Noi dung 7:
Giai phwong trinh vé ti

Bai todn 1: Giai phwong trinh dang ./ /' (x) = g(x) (1)

420 @)
& Taco /f(x)=g(x) < 2
o {fu»=[gu»] )

Giai (3) d6i chiéu diéu kién (2) chon nghiém thich hop — nghiém cua (1)
Bai todn 2: Giii phwong trinh dang m + \/m =g(x)
@ Diéu kién c6 nghia cua phuong trinh

f(x)=0

h(x)>0

g(x)=0
Vi diéu kién trén thoa man ta binh phuong hai vé dé giai tim x.

Noi dung 8: )
Giai phwong trinh chira gia tri tuyét doi

Bai todn: Gii phwong trinh dang | f(x )| = g(x)

g(x)=20

LrF =lgef
& Phwong phap 2: Xeétf(x) >0 — f(x) =gx)
Xét f(x) <0 — - f(x) = g(x)
& Phwong phap 3: Véi g(x) > 0 ta co f(x) = + g(x)
Noi dung 9:
Gia tri 16n nhit va gia tri nhé nhat ciia biéu thirc
Bai todn: Tim gia tri 16n nhat va gia tri nhé nhit cia ham s y = f(x)
@ Phuwong phap 1: Dya vao luy thira bac chin.
- Bién d6i ham sb y = f(x) sao cho:
y=M-[gx)]" ,neZ—>y <M
Do d6 ymax = M khi g(x) =0
- Bién d6i ham s6 y = f(x) sao cho:
y=m+[h(x)]* keZ >y>m
Do d6 ymin = m khi h(x) =0

& Phwong phap 1: |f(x)|= g(x)@{

& Phwong phap 2: Dua vao tap gid tri ham.
& Phwong phap 3: Dua vao dang thuec.

Trang 9
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Noi dung 10:

Cac bai toan lién quan den ham so ﬁ ;

* Piém thudc dwong - dwong di qua mdt diém
Bai todn: Cho (C) 12 db thi ciia ham s6 y = f(x) va mét diém A(x43y.).
Héi (C) c6 di qua A khong?
@ P) thi (C) di qua A(xa;ya) khi va chi khi toa do ciia A nghi¢ém diung
phuong trinh cua (C) Ae(C) < ya = 1(xa)
Do @6 tinh f(x4)
Néu f(x,) = ya thi (C) di qua A.
Néu f(x,) # ya thi (C) khong di qua A.
* Swr twong giao ciia hai do thi
Bai toan : Cho (C) va (L) theo thi ty 1a d§ thi ham )
y =1f(x) vay =g(x) .
Hay khao sat su twong giao cia hai do thi
@ Toa d6 diém chung cta (C) va (L) 1a nghiém cua phwong trinh hoanh d¢
giao diém: f(x) = g(x) (*)
- Néu (*) vo nghiém thi (C) va (L) khong c6 diém chung.
- Néu (*) c6 nghiém kép thi (C) va (L) tiép xtc nhau.
- Néu (*) ¢6 1 nghiém thi (C) va (L) ¢6 1 diém chung.
- Néu (*) ¢6 2 nghiém thi (C) va (L) ¢6 2 diém chung.
* Lap phwong trinh duwong thing
Bai todn 1: Léap phuwong trinh ciia dwong thing (D) di qua diém A(xxya)
va ¢6 hé sé géc bing k.
@ Phuong trinh tong quét ciia dudng thang (D) 1a : y = ax + b (¥)
-Xacdinha:tacoa=k
- Xac dinh b: (D) di qua A(xA;yA) nén ta c6 yA = kxA +b — b=yA - kxA
- Thay a=k; b=yA - kxA vao (*) ta c6 phuong trinh ctua (D)
Bai todn 2: Lép phwong trinh ciia dwong thang (D) di qua hai diém
A(XAaYA)9 B(XBaYB)
@ Phuong trinh tong quat cua dudng thing (D) la:y=ax +b
(D) di qua A va B nén ta co: {yA =, th
yg=axz +b
Giai hé ta tim dugc a va b suy ra phuong trinh cua (D)
Bdi todn 3: Lap phwong trinh ciia dudng thang (D) ¢6 hé s6 goc k
va tlep xic v6i duong cong (C): y = f(x)
@ Phuong trinh tong quat cua dudong thang (D) la:y=kx+b
Phuong trinh hoanh d¢ diém chung cua (D) va (P) la: f(x) = kx + b (*)
Vi (D) tiép xtic v6i (P) nén (*) c6 nghiém kép.
Tir diéu kién nay ta tim duoc b va suy ra phuong trinh cua (D)
Bai todn 3: Lap phuwong trinh cia duong thing (D) di qua diém A(x,;y,)
va tlep xic v6i duong cong (C): y = f(x)
@ Phuong trinh tong quat cla duong thang (D) 1a:y=kx+b
Phuong trinh hoanh d¢ giao diém cua (D) va (P) la:  f(x) =kx + b (¥)
Vi (D) tiép xtic v6i (P) nén (*) c6 nghiém kép.
Tur diéu kién nay ta tim dugc h¢ thue lién hé gitra a va b (**)
Mait khac: (D) qua A(xa;ya) do d6 ta c6 yA = ax, + b (¥*%)
Tir (*%) va (***) — avab — Phuong trinh duong thang (D).
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‘ PHANII: HINH HQC \

% A. KIEN THUC CAN NHO
1. H¢ thirc lwgng trong tam giac vuong.
b’=ab c¢*=ac' A
h*=b'c'
ah =bc
a2 = b2 + 2 B
C
1 1 1 a
s

2. Ti s0 lwgng giac cua géc nhon.
0<sino <1 0<cossa<1

tga = S cotga = C?Sa sin“ol + cos’a = 1
cosa sina
tga.cotga =1  l+ig’a=—s 1+cotg’a =—
cos” a sin”
. B
3. H¢ thirc vé canh va goc trong tam giac vuong.
b = asinB = acosC a
Cc
b = ctgB = ccotgC
c =asinC = acosB
¢ = btgC = bcotg B

4. Dwong tron.

- Cdch xdc dinh: Qua ba diém khong thing hang ta v& duoc mot va chi mot
duodng tron.

- Tam doi xvrng, truc doi xieng: Dudng tron c6 mot tim ddi xing; cd vo sb truc
dbi xtmg.

- Quan hé vuong goc gira duwong kinh va day.

Trong mot duong tron

+ Puong kinh vudng goc véi mot day thi di qua trung diém cua day y

+ Puodng kinh di qua trung diém ctia mot diy khong di qua tam thi vudéng goc
v6i day ay.
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- Lién hé giira day va khodng cdach ti tar.. ... .., .

Trong mgt dudng tron: %
+ Hai day bang nhau thi cach déu tim

+ Hai day cach déu tam thi bang nhau

+ D4y nao 16n hon thi day d6 gan tdim hon

+ D4y nao gan tim hon thi day d6 16n hon

- Lién hé giira cung va ddy:

Trong mot duong tron hay trong hai dudng tron bang nhau:
+ Hai cung bang nhau cing hai ddy bang nhau

+ Hai day bang nhau cing hai cung bang nhau

+ Cung 16n hon cang day 16n hon

+ Day 16n hon cang cung 16n hon.

- Vi tri twong déi ciia dwong thing va dwong tron:

Co Z. £ ik H¢ thuc lién hé
Vi tri tuong doi S6 diém chung gitta d va R

- Puong thang va duong tron cat nhau
2 d<R

- Puong thang va dudng tron tiép xuc nhau
1 d=R

- Puodng thing va dudng tron khong giao nhau
0 d>R

L
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- Vi tri twong doi cua dwong thang va du...g .. ....

S6 diém | Heé thirc lién hé gitra d va

Vi1 tri tuong doi chung R

- Hai duong tron cat nhau
2 R-r<OO'<R+r

- Hai duong tron tiép xuc nhau

+ Tiép xuc ngoai OO0'=R+r
1
+ Tiép xuc trong @ OO0'=R-r

- Hai duong tron khong giao nhau

+ (0O) va (O'") ¢ ngoai nhau Q : OO'>R+r

+ (0) dung (0" 0 |OO'<R-r

+ (0) va (0") dong tam @ 00'=0

5. Tiép tuyén ciia dwong tron
- Tinh chit ciia tiép tuyén:Tiép tuyén vudng goc véi ban kinh di qua tiép diém.
- Déu higu nhén biét tiép tuyén:
+ Puong thang va dudng tron chi c6 mot diém chung
+ Khoang cach tir tim ctia dudng tron dén dudng thing bang ban kinh
+ Puong thang di qua mot diém ciia dudng tron va vudng goc voi ban kinh di
qua diém do.
- Tinh chit ciia 2 tiép tuyén cit nhau
MA, MB 14 hai tiép tuyén cit nhau thi:
+ MA =MB
+ MO 1a phan gidc cua goc AMB

+ OM la phan giac cua goc AOB

&
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- Tiép tuyén chung ciia hai dwong tron.
dwong tron do:

Tiép tuyén chung ngoai Tiép tuyén chung trong

6. Goc voi duwong tron

Loai géc Hinh vé Cong thirc tinh sb do

1. Goc ¢ tam AOB =s5d AB

2. Géc ni tidp ‘ AMB = 5d 1B

3. Goc tao boi tia tiép tuyén v

1 —_
va day cung. XBA = ESdAB

4. Goc c6 dinh & bén trong

AMB = %(sd@ +5dCD)
duong tron

5. Goc co (?mh O‘ben ngoai AMB zl(sd@—sd@)
duong tron 2

Trang 14



Edited by Foxit PDF Editor
Copyright (c) by Foxit Corporation, 2003 - 2010

For Evaluation Only.
@ Chu y: Trong mét duong tron

- Cac goc ndi tlep bang nhau chin cac cung bang nhau e

- Cac goc ndi tlep cung chan mot cung thi bang nhau %'.

- Cac goc noi tiép chan cac cung bang nhau thi bang nhau

- G6c noi tiép nho hon hodc bang 90° ¢6 sé do bang nira s6 do ciia goc & tim
cung chan mot cung.

- Géc ndi tiép chin nira dudng tron 1 goc vudng va nguoc lai goc vudng noi
tiép thi chan nira duong tron.

- Goc tao boi tia tiép tuyén va ddy cung va goc noi tiép cung chan mot cung thi
bang nhau.

7. Do dai dwong tron - P9 dai cung tron.
- b6 dai duong tron ban kinh R: C=2nR =nd
-DPo dai cung tron n’ bankinh R : 7= %
8. Dién tich hinh tron - Dién tich hinh quat tron
- Dién tich hinh tron: S = 7R?

2
- Dién tich hinh quat tron ban kinh R, cong n’: §= ”31;0" = %
9. Céac loai dudng tron
Dudng tron ngoai tiép Pwong tron noi tiép Pudng tron bang tiép
tam giac tam giac tam giac
A A Tam ctua duong tron bang
A tiép trong goc A la giao

diém cua hai duong phan
giac cac goc ngoai tai B

hodc C hodc la giao diém
. cua duong phan giac goc A
® va duong phan giac ngoai

B

tai B (hoac C)
Tqﬁm dub‘ng tron 1a giao | Tam duong tron 13 giao cta ba
cua ba duong trung truc duodng phén giac trong cia
cua tam giac tam gidc
10. Céac loai hinh khong gian.
a. Hinh tru.
- Dién tich xung quanh: Sxq = 2nrh r: ban kinh
- Dién tich toan phan: Stp = 2nrh + mur? Trong do
- Thé tich hinh try: V = Sh = nr’h h: chiéu cao

b. Hinh non:

- Dién tich xung quanh: Sxq = 2nrl o

- Dién tich toan phan: Stp = 2nrl + e’ ) I ban kmh-
Trong d6 { L: dwong sinh

A o7 3 . _ 1 2 p.
- Thé tich hinh tru: V = 5 7r°h h: chiéu cao
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c. Hinh non cut:

. - Di¢n tich xung quanh: Sxq = n(r; + 1)l o o,
Al i 1 r;: ban kinh day 1&n
R or 1 NT — 2, .2
- The tich: V = g”h(rl +hthn) Trong do: | r,: ban kinh day nhd
1: dwdng sinh
d. Hinh cdu.
- Dién tich mit cau: S = 4nR* = nd R: ban kinh

- Thé tich hinh cAu: V = 2 7§’ Trong d6:
Y 3 d: dwdng kinh
11. T giac ndi tiep:
@ DAu hiéu nhan biét tir gidc noi tiép:

- Tt gidc 6 téng hai goc d6i bang 180°

- Tr gi4c c6 goc ngoai tai mot dinh bang goc trong cua dinh d6i dién

- T giac ¢ 4 dinh cach déu mot diém.

- Tt giac ¢6 hai dinh ké nhau cung nhin canh chira hai dinh con lai dudi mot

goc a.
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B. CAC DANG BAI 1.,

Dang 1: Chirng minh hai géc bang nhau. %'
& Cdch churng minh:

- Chirng minh hai goc cung bang goc thir ba

- Chitng minh hai goc bang véi hai goc bang nhau khac

- Hai goc bang tong hodc hiéu cua hai goc theo th tw d6i mot bang nhau

- Hai géc cung phu (hodc cung bu) véi goc thir ba

- Hai gdc cung nhon hodc cung ti c6 cac canh d61 mdt song song hodc v.goc
- Hai goc 6 le trong, so le ngoai hoic dong vi

- Hai goc 6 vi tri d6i dinh

- Hai géc ciia cing mo tam giac can hodc déu

- Hai goc tuong tmg cua hai tam gidc bang nhau hoic dong dang

- Hai goc noi tiép cung chin mét cung hoidc chin hai cung bang nhau.

Dang 2: Chitng minh hai doan thing bing nhau
& Cach ching minh: i .
- Chimg minh hai doan thang cung bang doan thir ba
- Hai canh ciia mmgt tam giac can hoac tam giac déu
- Hai canh tuong tng cua hai tam giac bang nhau
- Hai canh doi cua hinh binh hanh (chir nhéat, hinh thoi, hinh vuéng)
- Hai canh bén cua hinh thang can
- Hai day truong hai cung bang nhau trong mét duong tron hodc hai duong
bang nhau.
Dang 3: Chitng minh hai dwong thiang song song
& Cdch churng minh:
- Chirng minh hai dudng thiang cing song song véi dudng thang thi ba
- Chirng minh hai dudng thing cing vudng goc voi dudng thing thir ba
- Chirng minh ching cling tao véi mot cat tuyén hai goc bang nhau:
+ & vi tri so le trong
+ & vi tri so le ngoai
+ & vi tri déng V.
- La hai day chén giita chung hai cung bang nhau trong mot dudng tron
- Chung 14 hai canh d6i cia mot hinh binh hanh
Dang 4: Chung minh hai duwdng thing vudng goc
& Cdch chirng minh:
- Chung song song song song voi hai dudng thang vudng goc khac.
- Chtrng minh chung 1a chan dudng cao trong mot tam giac.
- Puong kinh di qua trung diém day va day.

- Chung 14 phén giac cta hai goc ké bu nhau.
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Dang 5: Chung minh ba dwong thing Goug yuy.
& Cdch chirng minh: %
- Chirng minh chiing 1a ba dudng cao, ba trung tuyén, ba trung truc, ba phan
giac trong (hodc mot phan giac trong va phan gidc ngoai cua hai goc kia)

- Van dung dinh 1i ddo cua dinh 1i Talet.

Dang 6: Chirng minh hai tam giac bang nhau
& Cdach chuwng minh:
* Hai tam giac thuwong:
- Trudong hop goc - canh - goe (g-c-g)
- Truong hop canh - goc - canh (c-g-c)
- Truong hgp canh - canh - canh (c-c-c)
* Hai tam giac vuong:
- C6 canh huyén va mot goc nhon bang nhau
- C6 canh huyén bang nhau va mét canh géc vudng bang nhau

- Canh gbc vudng doi mot bang nhau

Dang 7: Chirng minh hai tam giac ddng dang
& Cdch churng minh:
* Hai tam giac thuwong:
- C6 hai goc bang nhau do6i mot
- C6 mot gboc bang nhau xen giita hai canh twong tGng ty 16
- C6 ba canh tuong ung ty 1¢
* Hai tam giac vuong:
- C6 mdt goc nhon bang nhau
- C6 hai canh goc vudng tuong ung ty 1&

Dang 8: Chitng minh dang thirc hinh hoc
& Cdch ching minh:
Gia str phai chirng minh déng thirc: MA.MB = MC.MD (*)
- Chiing minh: AMAC ~ AMDB hoac AMAD ~ AMCB
- Néu 5 diém M, A, B, C, D cing nam trén mot duong thang thi phai ching
minh céc tich trén cling bang tich thr ba:
MA.MB = ME.MF
MC.MD = ME.MF
Ttrc 1a ta ching minh: AMAE ~ AMFB
AMCE ~ AMFD
— MA.MB =MC.MD
* Trudng hop dic biét: MT? = MA.MB ta chimg minh AMTA ~ AMBT
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Dang 9: Chirng minh tir gidc ndi tiép s
@ Cdch chirng minh: ) "
Dau hi€u nhén biét tir giac noi tiep:

- T giac c6 tong hai goc ddi bang 180"
- Tr gi4c c6 goc ngoai tai mot dinh bang goc trong cua dinh d6i dién
- Tr gi4c c6 4 dinh cach déu mot diém.
- T gic 6 hai dinh ké nhau cting nhin canh chira hai dinh con lai dudi mot
goc a.
Dang 10: Chirng minh MT la tiép tuyén ciia dwong tron (O;R)
& Cdch chung minh:
- Chung minh OT L MT tai T € (O;R)
- Chirng minh khoang céach tir tim O dén duong thang MT bang ban kinh
- Dung goc ndi tiép.
Dang 10: Cac bai toan tinh toan do dai canh, d§ 16n goc
& Cdch tinh:
- Dua vao h¢ thuc lugng trong tam gidc vuong.
- Dya vio ty sb lugng giac
- Duya vao hé thirc gitra canh va gdc trong tam giac vudng
- Dya vio cong thire tinh d6 dai, dién tich, thé tich...

Dq#hmuékéw%wwmwwww
Qliin Soc bTm [@er vix ¥em %%1@, khoa Tode 4

Chiuic cdac em hoc tdp thanh cong!

i j~7ﬁ

Trang 19



